1. Introduction. In recent years, important results in the theory of Fourier series were obtained by Littlewood and Paley [3] . 1 They used complex methods, and their main tool was an auxiliary function, g(0), which they themselves had introduced.
Let <j>(z) be any function regular for \z\ <1. The real-valued and non-negative function g(0)-g(O; 0) is defined by the formula (i • i) gifi) = { ƒ * (l -P) 10' G*») NP} , o s p < l.
The integral on the right is finite or infinite, but always has meaning. Let f(0) be any L-integrable function of period 27r, and let /(p, 0) be the Poisson integral of/. Thus The function g(0) is suggested by some heuristic argument (see [3, I] ). It does not seem to possess any obvious geometric significance, although it has a majorant, s(0), with a simple geometric meaning. The reader interested in this problem is referred to papers [4, 7] . In the present note we shall be exclusively concerned with the function g(0).
/(P, «) = -f f(u)P(p,
As usual, by IP" we denote the class of functions <j>(z) regular in \z\ <1 and satisfying
As is well known, this condition implies almost everywhere the existence of the radial limit <t>(e id ) =lim PH> i </>(pe i9 ). .3) is treated as a multiple (X-uple) integral, whose complexity obviously increases with X. On the other hand, the passage from these special values of X to general X > 0 is simple.
The purpose of this note is to give another, perhaps slightly simpler proof of (1.3). The general idea of the proof will be as follows, (a) First we establish (1.3) for X = 2, which is immediate and quite familiar, (b) Next we show that the validity of (1.3) for any particular X implies its validity for any smaller and positive X. (c) Finally, by a certain conjugacy argument we pass from the case X^2 to X>2.
The details of the proof are developed in the second section of this note. Part (b) of the proof is borrowed from Littlewood and Paley, and whatever novelty of the subsequent argument is restricted to part (c).
We shall also need the following two lemmas. 
-[\l -p)dp •£-f" \4>'(pe")\W •J 0
This completes the proof of (b). In particular, (1.3) is established for 0<X^2.
(c) On account of (b), it is enough to prove (1.3) for X S^4. Let ix be defined by l/(X/2) + 1/n = 1. where C = supi^x£2C\ is an absolute constant. We write
The function w(z) = l^'Os)) 2 being subharmonic, It follows that the right-hand side of (2.3), which is non-negative, does not exceed 
Here we use Schwarz's inequality, Holder's inequality with the three indices X, X, ju» and the inequality (2.2). To A we apply the first formula (2.4) and note that, owing to periodicity, the integral of (|#| To show this, we observe that the proof of §2 could be slightly modified, by using instead of Lemma 2 the relation 
